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DECIBELS [dB]

A log based unit of energy that makes it easier to
describe exponential losses, etc. The decibel means
10 bels, a unit named after Bell Laboratories.
ener
L =10log 9y [dB]
reference energy

One decibel is approximately the minimum discernable
amplitude difference that can be detected by the human ear
over the full range of amplitude.
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W ANGULAR FREQUENCY [rad/s]

Frequency expressed in units
of radians per second.

f = frequency [HZ]

T = period [9]

k = wave number or propagation constant [rad./m]
¢ = the speed of sound (343 m/sin air) [m/s]

w=2pf = 2P — ¢
T

| WAVELENGTH [m]

k WAVE NUMBER [rad/m]

The wave number or propagation constant

is a component of a wave function
representing the wave density or wave k = @ -
spacing relative to distance. Sometimes I c

represented by the letter b. See also
WAVE VECTOR p9.

| =wavelength [m]
w = frequency [rad/s]

¢ = the speed of sound (343 m/sin air) [m/s]

Wavelength is the distance that a _C _ 2p
wave advances during one cycle. | = ? - ?
At high temperatures, the speed of U3 | T
sound increases so | changes. Tyis | ===, &
temperature in Kelvin. f 293
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S CONDENSATION [no units]

The ratio of the change in density to the ambient
density, i.e. the degree to which the medium has
condensed (or expanded) due to sound waves. For
example, s= 0 means no condensation or expansion
of the medium. s=-% means the density is at one
half the ambient value. s=+1 means the density is at
twice the ambient value. Of course these examples
are unrealistic for most sounds; the condensation will
typically be close to zero.

r = instantaneous density [kg/m”]
r o = equilibrium (ambient) density [kg/m”’]

UNITS
A@mp=C-W_J _Nm_VF
s V Vs Vs S
C(COUlomb): As=V-F :i:N_'rn:\N_S
\ V

2 2
F(farady=S-C - C _J _As

H (henry) = Vs (note that H-F= &%)
A

2

J (joule) = Nom=V-C=W.s= AV.s= FV? :F

N (newton) = = == _TT>_"°°
m m m s
Pa(pascal)zﬂ:k_gzizvﬁ
m ms® nt on?
T (tesla) = Wb _V's_H-A
m m

2
W(Watt)= i:w:ﬂ:V.A: FV :%HP

Wb (weber) = H.A=V.s= 3.
A
Acoustic impedance: [raylsor (Pa: s)/m]

Temperature: [°Cor K] 0°C =273.15K

¢ SPEED OF SOUND [m/g]

Sound travels faster in stiffer (i.e. higher. %, less
compressible) materials. Sound travels faster at
higher temperatures.

_ | w
Frequency/wavelength relation: C=1f =—

2p
In a perfect gas: C= [%a/gTK
Mo

Inliquids: C= |—— where % = Q%A
o

g = ratio of specific heats (1.4 for a diatomic gas) [no units]|
o = ambient (atmospheric) pressure (p <« ). Atsea

level, % »101kPa [Pd]
r o = equilibrium (ambient) density [kg/m’]
r = specific gas constant [J/(kg-K)]
Tk = temperature in Kelvin [K]

7= B0 adiabatic bulk modulus [Pe]
&1 a,
%1 = isothermal bulk modulus, easier to measure than the
adiabatic bulk modulus [Pa]

Two values are given for the speed of sound in solids, Bar
and Bulk. The Bar value provides for the ability of sound to
distort the dimensions of solids having a small-cross-
sectional area. Sound moves more slowly in Bar material.
The Bulk value is used below where applicable.

Speed of Sound in Selected Materials [m/s]

Air @ 20°C 343 | Copper 5000 | Steel 6100
Aluminum 6300 | Glass (pyrex) 5600 | Water, fresh20°C 1481
Brass 4700 | Ice 3200 | Water, sea13°C 1500
Concrete 3100 | Steam @ 100°C  404.8 | Wood, oak 4000
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SIMPLE HARMONIC MOTION

Restoring force on a spring s
(Hooke's Law):

s =" S
and Newton's Law:
F=ma
2 2
X X
yield: - &X = md—2 an d > S
dt dt© m

2
Let W, =

equation pre3 +w, Xx=0|

W, = /§ is the natural angular frequency in rad/s.
m

Wo . .
fo = — is the natural frequency in Hz.

2p
The general solution takes the form
x(t) = A coswgt + A, sinwt
Initial conditions:

displacement: X(O) =X%y.50 A =X,

. u
velocity X(O) =Uy.s0 A = ity
Wo

U .
Solution: {X(t) = X, COSW,t +—2sinwt
0

S= spring constant [no units]
X = the displacement [m]
m=mass [kg]

u = velocity of the mass [m/g]
t=time [9

SIMPLE HARMONIC MOTION,
POLAR FORM

The solution above can be written
x(t) = Acos(wt +f)

where we have the new constants:

amplitude:

128 Uy 0

initial phase angle: f =tan =
eWoX @
Note that zero phase angle occurs at maximum positive
displacement.

By differentiation, it can be found that the speed of the mass
isu=-U sin(wot +f ) , where U =W, A is the speed

amplitude. The accelerationis a = - WOU COS(WO'[ +f ) .

Using the initial conditions, the equation can be written

a, 0 & L u, O
X, +g—>= COSCWt - tan ™t —2—_]
eWog e WoX @

Xo = the initial position [m]
Up = the initial speed [m/s]

W, = /§ is the natural angular frequency in rad/s.
m

It is seen that displacement lags 90° behind the speed and
that the acceleration is 180° out of phase with the
displacement.

SIMPLE HARMONIC MOTION,
displacement — acceleration - speed

Displacement, A Acceleration
Speed, a
Acceleration

Displacement
X

/

Phase
Angle

Initial phase angle f=0°

The speed of a simple oscillator leads the displacement by
90°. Acceleration and displacement are 180° out of phase
with each other.
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FOURIER SERIES

The Fourier Series is a method of describing a
complex periodic function in terms of the frequencies
and amplitudes of its fundamental and harmonic
frequencies.

Let f (t) =f (t +T) = any periodic signal

where T = the period.

f (t) o

Then |f (t):%Aﬁé (A, cosnwt + B, sinmat )
n=1

where W:@ = the fundamental frequency

T

Ay = the DC component and will be zero provided the
function is symmetric about the t-axis. This is almost
always the case in acoustics.

A= 20T
T ™

A, is zero when f(t) is an

f(t)cosnwt dt  o4q function, i.e. f)=-f(-t),
the right-hand plane is a
mirror image of the left-
hand plane provided one of
them is first flipped about
the horizontal axis, e.g.
sine function.

2 (T . B, is zero when f(t) is an

?QO f (t)s'n MWt dt  even function, i.e. f(t)=f(-t),
the right-hand plane is a
mirror image of the left-
hand plane, e.g. cosine
function.

B, =

where t, = an arbitrary time

p ACOUSTIC PRESSURE [Pd]

Sound waves produce proportional changes in
pressure, density, and temperature. Sound is usually
measured as a change in pressure. See Plane
Waves p9.

p=2- %

For a simple harmonic plane wave traveling in the x
direction, p is a function of x and t:

p(xt) = P/t

2 = instantaneous pressure [Pa]

o = ambient (atmospheric) pressure (p <« .% ). Atsea

level, % »101kPa [Pa]
P = peak acoustic pressure [Pa]
X = position along the x-axis [m]
t =time [g]

P. EFFECTIVE ACOUSTIC PRESSURE
[Pe]

The effective acoustic pressure is the rms value of the
sound pressure, or the rms sum (see page 34) of the
values of multiple acoustic sources.

REgl RE(P)=ged
P= (R0 () # ()

P = peak acoustic pressure [Pa]
p= - gacoustic pressure [Pa]
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o EQUILIBRIUM DENSITY [kg/mY]

The ambient density.

L _9% .
g =— =—5 forideal gases
c c
Mg =——=— forliquids
c

The equilibrium density is the inverse of the specific volume.
From the ideal gas equation:

Pn=RT® P=r,RT
F=1, (1]—;/)) adiabatic bulk modulus, approximately equal
o
to the isothermal bulk modulus, 2.18x10° for water [Pa]
¢ = the phase speed (speed of sound) [m/s]
g = ratio of specific heats (1.4 for a diatomic gas) [no units]
o = ambient (atmospheric) pressure (p <« .% ). Atsea

level, % »101kPa [Pa]
P = pressure [Pa]
n = V/m specific volume [m*/kg]
V = volume [m’]
m=mass [kg]
R = gas constant (287 for air) [J(kg-K)]
T = absolute temperature [K] (°C + 273.15)

EQUATION OVERVIEW

Equation of State (pressure)

Mass Conservation (density)
3-dimensional 1-dimensional

T8+ Rsa=0 —+—=0
fit it fx

Momentum Conservation (velocity)
3-dimensional 1-dimensional

Np+r0%=0 m+r0M=0

From the above 3 equations and 3 unknowns (p, s, U)
we can derive the Wave Equation

. 19°p
N?p=—=——
P=z qit

o Equilibrium Density of Selected Materials [kg/m”]

Air @ 20°C 1.21 | Copper 8900 | Steel 7700
Aluminum 2700 | Glass(pyrex) 2300 | Water, fresh20°C 998
Brass 8500 | Ice 920 | Water, sea13°C 1026
Concrete 2600 | Steam @100°C 0.6 | Wood, oak 720

% ADIABATIC BULK MODULUS [Pa
% is a stiffness parameter. A larger.%# means the
material is not as compressible and sound travels
faster within the material.

5
@:roa[_@ =r,° =97

ETr g

r = instantaneous density [kg/m”]

r o = equilibrium (ambient) density [kg/m’]

C = the phase speed (speed of sound, 343 m/sin air) [M/q]
2 = instantaneous (total) pressure [Paor N/m?]

o = ambient (atmospheric) pressure (p <« .% ). Atsea

level, % »101kPa [Pa]
g = ratio of specific heats (1.4 for a diatomic gas) [no units]

% Bulk Modulus of Selected Materials [Pa]

EQUATION OF STATE - GAS

An equation of state relates the physical properties
describing the thermodynamic behavior of the fluid. In
acoustics, the temperature property can be ignored.

In a perfect adiabatic gas, the thermal conductivity of
the gas and temperature gradients due to sound
waves are so small that no appreciable thermal
energy transfer occurs between adjacent elements of
the gas.

Perfect adiabatic gas:

P=9%S

Linearized:

2 = instantaneous (total) pressure [Pa]
o = ambient (atmospheric) pressure (p <« .% ). Atsea

level, % »101kPa [Pd]

r = instantaneous density [kg/m”]

r o = equilibrium (ambient) density [kg/m”’]

g = ratio of specific heats (1.4 for a diatomic gas) [no units]
p =2 -2, acoustic pressure [Pa]

s="-"o . qcondensation [no units]

o

Aluminum 75%x10° | Iron(cast) 86x10° | Rubber (hard)  5x10°
Brass 136x10° | Lead 42x10° | Rubber (soft) 1x10°
Copper 160x10° | Quartz 33x10° | Water *2.18x10°
Glass (pyrex) 39x10° | Steel 170x10° | Water (sea) *2.28x10°

*% 1, isothermal bulk modulus
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EQUATION OF STATE - LIQUID

An equation of state relates the physical properties
describing the thermodynamic behavior of the fluid. In
acoustics, the temperature property can be ignored.

Adiabatic liquid:
p = -2, acoustic pressure [Pa]

F=0, (%) adiabatic bulk modulus, approximately equal
)

to the isothermal bulk modulus, 2.18x10° for water [Pa]
s="-"o . qcondensation [no units]

Mo

I SPECIFIC GAS CONSTANT  [J(kg-K)]

The specific gas constant r depends on the universal
gas constant.# and the molecular weight M of the

particular gas. For air r » 287 J/ (kgK).

% = universal gas constant
M = molecular weight

MASS CONSERVATION — one dimension

For the one-dimensional problem, consider sound
waves traveling through a tube. Individual particles of
the medium move back and forth in the x-direction.

X X +dx

\ \
\ \
| |
| |
/ /

/ /

(ruA) is called the mass flux [kg/s]

} A = tube area

(r uA)x+dX is what's coming out the other side (a different

value due to compression) [kg/s]

The difference between the rate of mass entering the center
volume (A dx) and the rate at which it leaves the center
volume is the rate at which the mass is changing in the
center volume.

_a(rw)
(ruA) - (ruA) ., =- x

r dv is the mass in the center volume, so the rate at which
the mass is changing can be written as

1 T

dx

—r dv=—rAdx
it it
Equating the two expressions gives
T Adx=- de, which can be simplified
It X
ir + ik (r u) =0
m X

u = particle velocity (due to oscillation, not flow) [m/g]
r = instantaneous density [kg/m’]

p =2 -2, acoustic pressure [Pa]

A = area of the tube [m?]

MASS CONSERVATION —
three dimensions

%r+N>(rU):O

=1 Ry 9l+r ral

x Ty 1z
andlet r =r, (1+ s)

where N

— s+ N> = 0| (linearized)
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MOMENTUM CONSERVATION —one
dimension (5.4)
For the one-dimensional problem, consider sound

waves traveling through a tube. Individual particles of
the medium move back and forth in the x-direction.

X X +dx

\ \
\ \
(FA— ( )} ( ,l < (PPt ax } A= tube area

/) /

(@A)Xis the force due to sound pressure at location x in
the tube [N]
(gaA)X+dx is the force due to sound pressure at location
X + dx in the tube (taken to be in the positive or
right-hand direction) [N]
The sum of the forces in the center volume is:

aF=(zA) - (#A),, =- AT g

X+dx ﬂX

Force in the tube can be written in this form, noting that this
is not a partial derivative:

F =ma=(rAdx)%

For some reason, this can be written as follows:

du i}
(rAdx)E = (rAdx)g— +U—=

with the term UE often discarded in acoustics.
X
2 = instantaneous (total) pressure [Paor N/m?]
A = area of the tube [m?]
r = instantaneous density [kg/m”]
p = -2, acoustic pressure [Pa]
u = particle velocity (due to oscillation, not flow) [m/g]

ACOUSTIC ANALOGIES
to electrical systems

ACOUSTIC ELECTRIC

\%

Impedance: Z,= P Z=—
U |

Voltage: Dp V=R

\%
Current: U =—

R

p = -2, acoustic pressure [Pa]
U = volume velocity (not a vector) [m3/s]
Zx = acoustic impedance [Pa: §m’]

L INERTANCE [kg/m?

Describes the inertial properties of gas in a channel.
Analogous to electrical inductance.

_ry,Dx
A
r o = ambient density [kg/m’]

Dx = incremental distance [m]
A = cross-sectional area [mz]

L

C COMPLIANCE [m%kg]

The springiness of the system; a higher value means
softer. Analogous to electrical capacitance.

C:i

To
V = volume [m’]
g = ratio of specific heats (1.4 for a diatomic gas) [no units]
r o = ambient density [kg/m’]

MOMENTUM CONSERVATION —
three dimensions

1 adu,  fué_,

—P+rgc—+u—_:=
Tt & o
G~ 0
and Np+r 9—+u>Nu+=
l
e 2
Note that gx\a is a quadratic term and that rE is
1t

quadratic after multiplication

Np +r, % = Q| (linearized)

U VOLUME VELOCITY [m¥s]
Although termed a velocity, volume velocity is not a
vector. Volume velocity in a (uniform flow) duct is the
product of the cross-sectional area and the velocity.

IV _Xg_ s

it dt

V = volume [m]

S=area [m?]

u = velocity [m/g]

X = particle displacement, the displacement of a fluid
element from its equilibrium position [m]
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PLANE WAVES

PLANE WAVES (2.4,5.7)
A disturbance a great distance from the source is
approximated as a plane wave. Each acoustic
variable has constant amplitude and phase on any
plane perpendicular to the direction of propagation.
The wave equation is the same as that for a
disturbance on a string under tension.

There is no y or zdependence, so i = I =
iy 1z

2 2
One-dimensional wave equation: Te_11p

u VELOCITY, PLANE WAVE [m/g]

The acoustic pressure divided by the impedance, also
from the momentum equation:

P
roC

E+roﬂzo® u=

Ix qt

N o

p =2 -2, acoustic pressure [Pa]

z=wave impedance [raylsor (Pa-s)/m]

r o = equilibrium (ambient) density [kg/m’]

c= a—‘f is the phase speed (speed of sound) [M/s]

k = wave number or propagation constant [rad./m]
r = radial distance from the center of the sphere [m]

General Solution - -
for the acoustic D(X, t) Ae Be

pressure of a propagatingin  propagating in
plane wave: the +x direction  the-x direction

p =2 -2, acoustic pressure [Pa]

A = magnitude of the positive-traveling wave [Pa]
B = magnitude of the negative-traveling wave [Pa]
w = frequency [rad/s]

t=time [9]

k = wave number or propagation constant [rad./m]
X = position along the x-axis [M]

PROGRESSIVE PLANE WAVE (2.8)
A progressive plane wave is a unidirectional plane
wave—no reverse-propagating component.

p(xt) = Ael

PROPAGATION (2.5)

a disturbance

F(x-cDt) /\/\

x F 3
Dx=cDt

C:%@ %’ Dt® 0O
Dt dt
dx

C= 4 isthe phase speed (speed of sound) at which Fis

xV

translated in the +x direction. [m/s]

ARBITRARY DIRECTION PLANE WAVE
The expression for an arbitrary direction plane wave
contains wave numbers for the x, y, and z
components.

p(x t) = Ae

(wt- KyX-Kkyy- kzz)

2
where k? +KkJ +k’ :?ng
Cog

K WAVE VECTOR [rad/m or m]

The phase constant k is converted to a vector. For
plane waves, the vector K is in the direction of
propagation.

k=kX+k y+k,Z where

.2
o Q

2 2 2
ki +k; +k; = s

THIN ROD PROPAGATION
A thin rod is defined as | > a.

(

a = rod radius

c= a—‘f is the phase speed (speed of sound) [m/s]

i = Young's modulus, or modulus of elasticity, a
characteristic property of the material [Pa]

r o = equilibrium (ambient) density [kg/m’]
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STANDING WAVES X PARTICLE DISPLACEMENT [m]

Two waves with identical frequency and phase The displacement of a fluid element from its
characteristics traveling in opposite directions will equilibrium position.
cause constructive and destructive interference: ﬂ;( p
_ j(wt- j(wi+kx) u=— X=
p(x.t)=pe'" ™ + pe Tt wr .
moving right moving left

for p;=p,=10, k=1, t=0: U = particle velocity [m/s]

20
/\ /\N /\ /\ P ACOUSTIC POWER [W]
g / \ / \ / \ Acoustic power is usually small compared to the
=10 / power required to produce it.

NV VY

% 10 15 i Q

Distance x S= surface surrounding the sound source, or at least the

for p=5, p,=10, k=1, t=0: surface area through which all of the sound passes [m?]

20 . | = acoustic intensity [W/m?]

@

\/\/\/\\/\ 7777777777 ﬁ | ACOUSTIC INTENSITY 2
[W/m?]
\/ \/ \/ \/ \/ The time-averaged rate of energy transmission

through a unit area normal to the direction of
é 10 15 propagation; power per unit area. Note that | = ufy

Magnitude
>

23

o

=)

S is a nonlinear equation (It's the product of two
functions of space and time.) so you can't simply use

z SPECIFIC ACOUSTIC IMPEDANCE jwt or take the real parts and multiply, see Time-
[rayls or (Pa-s)/m] (5.10) Average p33.
Specific acoustic impedance or characteristic _ _ 10
impedance zis a property of the medium and of the I <| ( )>T —< > ? Q pu dt

type of wave being propagated. It is useful in

calculations involving transmission from one medium For a single frequency:
to another. In the case of a plane wave, zis real and 1
is independent of frequency. For spherical waves the | = —%{ pu*}
opposite is true. In general, zis complex. 2
p For a plane harmonic wave traveling in the +z direction:
Z=— =1 ,C| (applies to progressive plane waves 2
¥ oC| (app prog p ) _1E_19E X _ CE |—|p|—P2
At Afx Tt 1\ 2rc rq

Acoustic impedance is analogous to electrical _
impedance: T = period [s]

. . . 2.
pressure - _volts I(t) = |n§tantaneoys intensity [W/m‘]
— =impedance = p=2-2, acoustic pressure [Pal
velocity amps _ .
[p| = peak acoustic pressure [Pa]
Z=r+ J X u = particle velocity (due to oscillation, not flow) [m/g]
P, = effective or rms acoustic pressure [Pa]
- : : 3
In asensethisis resistive, In asense thisis reactive, I o = equilibrium (ambient) density [kg/m"]
i.e. aloss since the wave in that this value represents _odx -
departs from the source. an impediment to propagation C=a IS the phase speed (speed of sound) [m/s]

I oC Characteristic Impedance, Selected Materials (bulk) [rayls]

Air@20°C 415 | Copper 445%x10° | Stedl 47x10°

Aluminum 17x10° | Glass (pyrex) 12.9x10° | Water, fresh 20°C 1.48x10°

Brass 40x10° | Ice 2.95x10° | Water, sea13°C  1.54x10°

Concrete  8x10° | Steam @ 100°C 242 | Wood, oak 2.9x10°
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q HEAT FLUX [°C/m]

Sound waves produce proportional changes in
pressure, density, and temperature. Since the
periodic change in temperature is spread over the
length of a wavelength, the change in temperature per
unit distance is very small.

Fourier's Law For Heat Conduction:
T
q - . K ﬂ_
ix
g = heat flux [°C/m]
T = temperature [°C]
K = a constant
x = distance [m]

IMPEDANCE [raylsor (Pas)/m]

Spherical wave impedance is frequency dependent:

p =2 -2, acoustic pressure [Pa]

u = particle velocity (due to oscillation, not flow) [m/g]
r o = equilibrium (ambient) density [kg/m’]

c= a—‘f is the phase speed (speed of sound) [m/s]

k = wave number or propagation constant [rad./m]
r = radial distance from the center of the sphere [m]

SPHERICAL WAVES

SPHERICAL WAVES (5.11)

General solution for a symmetric spherical wave:

p(r.t) =?Aej(“”""r) +?Be"(w‘*'“)

divirging from converging on
the source the source

Progressive spherical wave: p(r ) t) = —ej(m' )
r

p = -2, acoustic pressure [Pa]

r = radial distance from the center of the sphere [m]

A = magnitude of the positive-traveling r
wave [Pa]

B = magnitude of the negative-
traveling wave [Pa]

w = frequency [rad/s]

t=time [9]

k = wave number or propagation
constant [rad./m]

u VELOCITY, SPHERICAL WAVE [m/s]
_P_pax g
Z r,cg&

p = -2, acoustic pressure [Pa]
z=wave impedance [raylsor (Pa-s)/m]
r o = equilibrium (ambient) density [kg/m’]

c= % is the phase speed (speed of sound) [m/s]

k = wave number or propagation constant [rad./m]
r = radial distance from the center of the sphere [m]

SPHERICAL WAVE BEHAVIOR

Spherical wave behavior changes markedly for very
small or very large radii. Since this is also a function
of the wavelength, we base this on the kr product
where krp r/l .
For kr >1,i.e. r > | (far from the source):
In this case, the spherical wave is much like a plane
wave with the impedance Z=T ,C and with pand uin
phase.

For kr <1,i.e. r <| (close to the source):
In this case, the impedance is almost purely reactive
Z= jWI‘ of and pand uare 90° out of phase. The

source is not radiating power; particles are just sloshing
back and forth near the source.

P ACOUSTIC POWER, SPHERICAL
WAVES [W]

For a constant acoustic power, intensity increases
proportional to a reduction in dispersion area.

P= Qr-dé general definition

_ 2 . .
P =4pr° | for spherical dispersion

areaof a
spherical
surface

P =2pr?1 for hemispherical dispersion
hemi-

spherical
surface

S= surface surrounding the sound source, or at least the
surface area through which all of the sound passes [mz]

| = acoustic intensity [W/m?]

r = radial distance from the center of the sphere [m]
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FREQUENCY BANDS

f, f, FREQUENCY BANDS

The human ear perceives different frequencies at
different levels. Frequencies around 3000 Hz appear
loudest with a rolloff for higher and lower frequencies.
Therefore in the analysis of sound levels, it is
necessary to divide the frequency spectrum into
segments or bands.

f,=2'Nf,| a1 -octave band

N

f, = the upper frequency in the band [HZ]

fi = the lowest frequency in the band [HZ]

N = the bandwidth in terms of the (inverse) fractional portion
of an octave, e.g. N=2 describes a ¥2-octave band

fc CENTER FREQUENCY [HZ]

The center frequency is the geometric mean of a
frequency band.

CONTIGUOUS BANDS

The upper frequency of one band is the lower
frequency of the next.

n n n
fl fc fu
L] log f
L | | | | | | I | >
300 K | 10k
f| n+1fcn+1fun+1
n+l .
¢ _ At
e

c

Octave bands are the most common contiguous bands:

.I:n+l f
co=2 fi=—%t f, =12 w=-
fcn | \/E u c \/E

e.g. for f,=1000 Hz, f, = 707 Hz, f, = 1414 Hz

STANDARD CENTER FREQUENCIES [HZ]

Octave bands:
16, 31.5, 63, 125, 250, 500, 1000, 2000, 4000, 8000

1/3-Octave bands:
10, 12.5, 16, 20, 25, 31.5, 40, 50, 63, 80, 100, 125, 160, 200,
250, 315, 400, 500, 630, 800, 1000, 1250, 1600, 2000, 2500,
3150, 4000, 5000, 6300, 8000

fI fc fu
L L L L \l 1| I | L I | lf)gf
300 1k 10k
fo=y 1.1,
f, = the upper frequency in the band [HZ]
f, = the lowest frequency in the band [Hz]
w BANDWIDTH [HZ]
The width of a frequency band.
fI fu
L L L L \’e\\vlv I Y | log f
300 1k 10k

w=f,- f=(2% - 2 8,

MUSICAL INTERVALS [HZz]

Each half-step is 22 times higher than the previous

note.
Harmonious frequency ratios:
2:1 octave 212=2000 2/1=2.000

3:2 perfect fifth 2™M2=1489  3/2=1.500
4:3 perfect fourth 2%6=1.335  4/3=1.333
5:4 major third 2¥12=1260  5/4=1.200

IL INTENSITY LEVEL [dB]

Acoustic intensity in decibels. Note that IL = SPL
when IL is referenced to 10" and SPL is referenced to
20x10°.

el 0
Intensity Level: |IL =10log¢—=+
e

ref O

| = acoustic intensity [W/m?]
|, = the reference intensity 1x102 in air [W/m?]
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I SPECTRAL FREQUENCY DENSITY
[W/(m*H2)]
The distribution of acoustic intensity over the
frequency spectrum; the intensity at frequency f over a

bandwidth of Df. The bandwidth Df is normally taken
to be 1 Hz and may be suppressed.

(1) =5

PSL PRESSURE SPECTRUM LEVEL
[dB]
Same as intensity spectrum level.
PSL(f)=19.(f)=SPLinalHzband

SPL = sound pressure level [dB]

ISL INTENSITY SPECTRUM LEVEL [dB]

The spectral frequency density expressed in decibels.
This is what you see on a spectrum analyzer.

I, (f)1Hz
|S-( f ) :10|09L
ref

I« = the reference intensity 10™ [Pa]

ILgano FREQUENCY BAND INTENSITY
LEVEL [dB]

The sound intensity within a frequency band.

[Lgano = 1S +10logw

IS = intensity spectrum level [dB]
w = bandwidth [HZ]

dBA WEIGHTED SOUND LEVELS (13.2)

Since the ear doesn't perceive sound pressure levels
uniformly across the frequency spectrum, several
correction schemes have been devised to produce a
more realistic scale. The most common is the A-
weighted scale with units of dBA. From a reference
point of 1000 Hz, this scale rolls off strongly for lower
frequencies, has a modest gain in the 2-4 kHz region
and rolls off slightly at very high frequencies. Other
scales are dBB and dBC. Most standards, regulations
and inexpensive sound level meters employ the A-
weighted scale.

ACOUSTICAL SOURCES

SPL SOUND PRESSURE LEVEL [dB]

Acoustic pressure in decibels. Note that IL = SPL
when IL is referenced to 10™ and SPL is referenced to
20x10°. An increase of 6 dB is equivalent to doubling
the amplitude. A spherical source against a planar
surface has a 3 dB advantage over a source in free
space, 6 dB if it's in a corner, 9 dB in a 3-wall corner.

&P, 0
Sound Pressure Level: |SPL = ZOlogQ e -
ePref 1%
for Multiple Sources:
€y ek, dzl‘fl & . w00
SPLzlologgaQ +0=10log.q 10 =
gi=1ef g [ i=1 %]

for Multiple Identical Sources:
SPL = SPL, +10log N

P, = effective or rms acoustic pressure [Pa]
P« = the reference pressure 20x10° in air, 1x10°® in water

(Pal

N = the number of sources

MONOPOLE (7.1)

The monopole source is a basic theoretical acoustic
source consisting of a small (small ka) pulsating
sphere.

p(r , t) = éej(wt' kr)
r ot
where A= jka’r ,cu, e

p =2 -2, acoustic pressure [Pa]

r = radial distance from the center of the source [m]
w = frequency [rad/s]

k = wave number or propagation constant [rad./m]
r o = equilibrium (ambient) density [kg/m’]

c= % is the phase speed (speed of sound) [m/s]

u = particle velocity (due to oscillation, not flow) [m/g]

Tom Penick tom@tomzap.com www.teicontrols.com/notes EngineeringAcoustics.pdf 11/4/2002 Page 13 of 36



DIPOLE

The dipole source is a basic theoretical acoustic
source consisting of two adjacent monopoles 180° out
of phase. Mathematically this approximates a single
source in translational vibration, which is what we
really want to model.

OO = “O)

q=0 p(r,q) asr® ¥
N
2 r r
r rl
/q
- + X

«d—>

p(r.q) = et
r.l r2
where A= jka’r ,cu,

Far from the source, the wave looks spherical:

p(r,q)= jZTAej(“"'kr)sin(%kdsinq)

sphericl wave directivity function

p =2 -2, acoustic pressure [Pa]

r = radial distance from the center of the source [m]
w = frequency [rad/s]

k = wave number or propagation constant [rad./m]
r o = equilibrium (ambient) density [kg/m’]

c= % is the phase speed (speed of sound) [m/s]

u = particle velocity (due to oscillation, not flow) [m/g]

LINE SOURCE (7.3)

The effect of an acoustical line source of length L as
perceived at point p is calculated as follows.

X4
Sy R p(r,q)
dxg .
L : q Z
Let de(R,q,t) = d_l_xgej(wt-m)

where P, is the pressure at a remote point due to
one tiny segment of the line source,

— ilka2
and A= jka’r ,cu, .

forr>L, R»r- xsing,
p(r,q) = QR,X (r,q,t)dx (abbreviated form)

Py (r ) q,t) » %éei(wt- kr +kxsing)

Lr
p(r’q’t)z%?Aej(M'kr)(‘)L:/ZZejlo(sinqu
p(r,q,t):?Aei(wt-kr)D(q) here

in(1kLs
D(q) :% Directivity Function

see also Half Power Beamwidth p16.

Tom Penick tom@tomzap.com www.teicontrols.com/notes EngineeringAcoustics.pdf 11/4/2002 Page 14 of 36




DIRECTIVITY FUNCTION

The directivity function is responsible for the lobes of
the dispersion pattern. The function is normalized to
have a maximum value of 1 at q = 0. Different
directivity functions are used for different elements;
the following is the directivity function for the line
source.

_sin(1kLsinq)
D(q)— lliLsinq
2
|
»DA‘
TN ACA T
\\! J VY

01 02 03 04 05 06 07 08 08 1 11 12 13 14 15
x

The following is the directivity function for a focused
_J,(2Gr/a)

source.
D
(r) Gr/a

D(r)=BESSELJ(1,2r*10)/(r*10)

D) - directivity
o o o

o ¢
©

=
—

\
NI

i
01 02 03 04 05 06 07 08 09 11 12 13 14 15
 [meters]

°

o

0.1

-0

Ji(X) = first order Bessel J function
see also Half Power Beamwidth p16.

CIRCULAR SOURCE (7.4, 7.5a)

A speaker in an enclosure may be modeled as a
circular source of radius a in a rigid infinite baffle
vibrating with velocity me". For the far field pressure
(r > % kad).

2

p(r,q,t) = j%rocn])D(q)ej(m'kr)

_2J,(kasinq)
- kasing

D(6)=[2*BESSELJ(1,V)V)|
T

where D (q)

Directivity function

4
0950\
o5 -\

\
0.85

0.8 \

0.75
07

0.65 \

06 \

\

=055

S osho \

0.45 \

0.4
035
03 \
025 \\
02 :
0.15 \ :

\ ~
0.4 --teee - ™

\
0.05 \/, >~ N
0 \J
0 05 1 15 2 25 3 35 4 45 5 55 6 65 7 75 8 85 9 95 10 105
v =ka sin(6)

. .188.830
Qi1 » SIN 1&Sk_2 First null

a g
Ji(X) = first order Bessel J function
r = radial distance from the source [m]
g = angle with the normal from the circular source [radians]
t=time [9]
r o = impedance of the medium [rayls] (415 for air)
k = wave number or propagation constant [rad./m]
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20up HALF-POWER BEAMWIDTH

The angular width of the main lobe to the points where
power drops off by 1/2; this is the point at which the
directivity function equals 1/\/5 .

%01

w7

For acircular source:

from the Directivity function: D (qHP) =— =

2 kasing
kasing,, =1.61634 b 2q,, = Zsin.laéﬂfg
8 ka I}
e Tla o BLszzdegfe&& for ka1

Ji(X) = first order Bessel J function

For aline source:
1 _sin({kLsing)

from the Directivity function: p (qu) =

V2 IkLsing

5

1KLsing,, =1.391558 b qunggn-1§-3?if58+
e 2 a

FOCUSED SOURCE

The dispersion pattern of a focused source is
measured at the focal plane, a plane passing through
the focal point and perpendicular to the central axis.

FOCUSED SOURCE

z=0 z=d
A A

d Focal Plane

mye’t

Focal Plane pressure | p(r)| =Gr 0C| D (r )|

2
where G = ka®
2d
J,(2Gr/a
and D (r) = M (Directivity function)
Gr/a

Ji(X) = first order Bessel J function

r = radial distance from the central axis [m]

G = constant [radians]

a = radius of the source [mM]

d = focal length [m]

r o = impedance of the medium [rayls] (415 for air)
k = wave number or propagation constant [rad./m]

Zy RAYLEIGH NUMBER [rad.- m]

The Rayleigh number or Rayleigh length is the
distance along the central axis from a circular piston
element to the beginning of the far field. Beyond this
point, complicated pressure patterns of the near field
can be ignored.

a = radius of the source [mM]

d = focal length [m]

r o = impedance of the medium [rayls] (415 for air)
k = wave number or propagation constant [rad./m]
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MOVING COIL SPEAKER (14.3b, 14.5)

magnet

Model for the moving coil
loudspeaker.

V =fu Faraday's law

F =fl Lorentz force RV
zZ.
(_J% ZM
R L —
o— WW—7" )
V( | §§RM Ly +CM Z, )fu
o—=— T

u = velocity of the voice coil [m/s]

| = electrical current [A]

R, = electrical resistance of the voice coil [W|

L, = electrical inductance of the voice coil [H]

S = spring stiffness due to flexible cone suspension material
[N/m]

R = mechanical resistance, a small frictional force [(N-s)/m
or kg/s|

Ry = effective electrical resistance due to the mechanical
resistance of the system [W|

Cw = effective electrical capacitance due to the mechanical
stiffness [F]

Ly = effective electrical inductance due to the mechanical
inertia [H]

V = voltage applied to the voice coil [V]

Zg = electrical impedance due to electrical components [W]

Z = effective electrical impedance due to mechanical air
loading [W]

Z\ = effective electrical impedance due to the mechanical
effects of spring stiffness, mass, and (mechanical)
resistance [W]

F = force on the voice coil [V]

f =Bl coupling coefficient [N/A]

B = magnetic field [Tesla (an Sl unit)]

| = length of wire in the voice coil [M]

Zn MECHANICAL IMPEDANCE [(N- s)/m]
(1.7)

The mechanical impedance is analogous to electrical
impedance but does not have the same units. Where
electrical impedance is voltage divided by current,
mechanical impedance is force divided by speed,
sometimes called mechanical ohms.

X,
F S
/. =— F
m —> M
u —3
Rm
F -x - RX = nX
—_ —_ ——
Return Force dueto Mass x
force of mechanical acceleration

thespring  resistance
F=mX+R X+sx
let F (t) =F (W)E'jwt and X (t) =X (W)ejWI
=

then QM:(-vvzmﬂan +s)>~(;2”’(

and X = F
-wm+ jwR_+s
so the velocity U = & =jwX = JV\_IF
-wW'm+ jwR_ +s
finally
7 _F_ F _-Wm+jwR, +5
™ U jwF/(-w'm+jwR, +s) jw

. . S

Z.,= R, +jwm- j
= e W
damping  inertia  ——
dueto  spring
mass effect

m = mass of the speaker cone and voice coil [kg]

X = distance in the direction of motion [m]

S = spring stiffness due to flexible cone suspension material
[N/m]

R, = mechanical resistance, a small frictional force [(N- s)/m
or kg/s|

F = force on the speaker mass [N]

w = frequency in radians
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Zy ELECTRICAL IMPEDANCE DUE TO
MECHANICAL FORCES [W

Converting mechanical impedance to electrical inverts
each element.
f? m f?
R, T TS

_ 7
ZM _Z__RM”CM”LM

mo

f2

Z,, =R, +jwm- j> ® Z, =
w . .S

R, +jwm- j >

w

Ry = effective electrical resistance due to the mechanical
resistance of the system [W]

Cw = effective electrical capacitance due to the mechanical
stiffness [F]

Ly = effective electrical inductance due to the mechanical
inertia [H]

R, = mechanical resistance, a small frictional force [(N- s)/m
or kg/s|

m = mass of the speaker cone and voice coil [kg]

S = spring stiffness due to flexible cone suspension material
[N/m]

f =Bl coupling coefficient [N/A]

Zxo = mechanical impedance, open-circuit condition
[(N- s)/m or kg/q]

Z. RADIATION IMPEDANCE [(N- s)/m]
(7.5)
This is the mechanical impedance due to air
resistance. For a circular piston:

Z, =1 CSER (2ka) +jX, (2ka)g

5 ijéra’w, ka1l
>
"oipar,e, ka1l

The functions R; and X; are defined as:
2 4 6 8
2J1(X) XXX X

X)=1- —~~2~-_ — [ —
Rl() X 8 192 9216 737280

Tdeex x* xX* X X6

(oL X XX X0 xEa32
x(x)—ZHl(X) {pE3 45 1600 10° 107,
1\X)= =1
v )
{i+ igsinag(- %9, X>4.32
fpx Vpé ™ & 43

r o = impedance of the medium [rayls] (415 for air)
S= surface area of the piston [m’]

Jy = first order Bessel J function

R; = a function describing the real part of Z,

X1 = a function describing the imaginary part of Z,

X = just a placeholder here for 2ka

k = wave number or propagation constant [rad./m]
a = radius of the source [M]

H; = first order Struve function

w = frequency in radians

Z,» ELECTRICAL IMPEDANCE DUE TO
AIR W

The factor of two in the denominator is due to loading

on both sides of the speaker cone.
f 2
ZA =—
27,

m, RADIATION MASS [kg] (7.5)

The effective increase in mass due to the loading of
the fluid (radiation impedance).

m = %
\W
The effect of radiation mass is small for light fluids
such as air but in a more dense fluid such as water, it
can significantly decrease the resonant frequency.

W0=\/E ® >
m m+m

The functions R; and X; are defined as:

X, = radiation reactance, the imaginary part of the radiation
impedance [(N- s)/m]

w = frequency in radians

S = spring stiffness due to flexible cone suspension material
[N/m]

m = mass of the speaker cone and voice coil [kg]
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Paxia AXIAL PRESSURE [Pa] (7.4a)

. ka? wr @

paxiaIZJ?rocuzj u, r>%ka2
u:—ZMA \i
ZyptZ: 1

: 2
Zya JWr,a V. e
0
ZyatZc 2fr
Zua = Zy || Za = effective electrical impedance due to the

mechanical components and the effect of air [W]
Zg = electrical impedance due to the voice coil [W]

Paia =

BASS REFLEX ENCLOSURE (14.6c)

The bass response of a speaker/cabinet system can

be improved bat the expense of an increase in low

frequency rolloff by adding a port to the enclosure.
Speaker _|

e +
>

AW

Port —— -

—

Choose w, somewhat less than S/ M to add a response
peak just below the existing damping-controlled peak.
Rolloff below that point will increase from 12 dB/octave to 18
dB/octave.

2
WC:L, Lc:f_’ Cc:ﬂ2
L.C. S f
Z, z,

" ZM "

R Ly —— R,
o ﬂ A A A A A~y l vAvAvAvAvA L
\% §§ Rv 3Lw Cu ) fu j c
( il 1 —=C

L. = effective electrical inductance due to the cabinet [H]
S = cabinet stiffness [N/m]

C. = effective electrical capacitance due to the cabinet [F]
m, = mass of the air inside the port or vent [kg]

f =Bl coupling coefficient [N/A]

PIEZOELECTRIC TRANSDUCER (14.12b)

Uses a crystal (usually quartz) or a ceramic; voltage is
proportional to strain. High efficiency (30% is high for
acoustics.) Highly resonant. Used for microphones
and speakers.

ELECTROSTATIC TRANSDUCER
(14.3a, 14.9)

A moving diaphragm of area A is separated from a
stationary plate by a dielectric material (air). A bias
voltage is applied between the diaphragm and plate.
Modern devices use a PVDF film for the diaphragm
which has a permanent charge, so no bias voltage is
required. Bias, in this case and in general, is an
attempt to linearize the output by shifting its operating
range to a less non-linear operating region. The DC
bias voltage is much greater in magnitude than the
time-variant signal voltage but is easily filtered out in
signal processing.

oscillation
area A diaphragm
o A X
V( dielectric €
— 0
2
| fu Znlf
—_t -~ AMAN

VWW o

Acoustic voltage: |V = 1 (1+fu)}
JwG,

. F 1 Z
Mechanical voltage: — =——1 +—=fu,
fjwGC, f
For this circuit model, there is no
inverting of mechanical impedances
as in the loudspeaker circuit.

; - C0Vo
Coupling coefficient: f = ——
X
eA
Equilibrium capacitance: C; = —
X

Vo = bias voltage [V]

Co = equilibrium capacitance due to diaphragm, back plate,
and dielectric [F]

F = force on the diaphragm [N]

| = electrical current [A]

f u = electrical current due to mechanical force [A]

f = coupling coefficient [N/V]

U = acoustic velocity [m/g]

Zns = short-circuit mechanical impedance [(N-S)/m]

Xo = equilibrium position of the diaphragm [m]

A = area of the diaphragm [m?]
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REFLECTION AND TRANSMISSION AT
NORMAL INCIDENCE (6.2
Incident: p = F?ej(Wt'klx)

Reflected: p, = Pr ei(wt+k1x)
Transmitted: P, = Rei(wt-kzx)

ki=w/Cy, r1=rpc Ko=W/Cy, ,=1,C,

pi —H+>
—HH> Pt

pr <HH—
x=0 X

Boundary Conditions:
1) Pressure is equal across the boundary at x=0.

p+*p=p ® R+R =R
2) Continuity of the normal component of velocity.
u+u =u

R, T,R, Ti REFLECTION AND
TRANSMISSION COEFFICIENTS (6.2)

The ratio of reflected and transmitted magnitudes to
incident magnitudes. The stiffness of the medium has
the most effect on reflection and transmission.

i) r,>>r; Medium 2 is very hard compared to medium 1
and we have total reflection. R»1, T » 2

Note that T=2 means that the amplitude doubles, but
there is practically no energy transmitted due to high
impedance.

i) r,=r; The mediums are similar and we have total
transmission. R=0, T =1

iii) r,<<r; Medium 2 is very soft and we have total
reflection with the waveform inverted. R» -1, T » 0

.2
R:E:rz-rl R:?Z-rlg
F? rL+n el thg
T:B:ZQ T = 4r,r,
[
P r+n (r2+rl)2

P;, P;, P = peak acoustic pressure (or magnitude) of
incident, reflected, and transmitted waves [Pa]

rq, I, = characteristic acoustic impedances of the materials
(r o©)1, (r o0)2 [rayls or (Pa: s)/m]

r o = equilibrium (ambient) density [kg/m’]

¢ = the phase speed (speed of sound, 343 m/sin air) [m/g]

R = reflection intensity coefficient [no units]

T, = transmission intensity coefficient [no units)

USING REFLECTION TO DETERMINE
MATERIAL PROPERTIES (6.1)

The impedance of a material (and thereby its density)
can be determined by bouncing a plane wave off of
the material at normal incidence and measuring the
relative sound pressure levels. However, there are
two possible results since we don't know the phase of
the reflected wave, i.e. P, can be positive or negative.

r=(ro9: | 1=(ro0:
P, > || test material
F>r <]—|-H—

SPL

? + -
:20Iogi and i =r=l2"h
P P r,+r

- 1

difference

P, = peak acoustic pressure, incident [Pa]

P, = peak acoustic pressure, reflected [Pa]

r, = characteristic acoustic impedances of the known
material (r oc); [raylsor (Pa: s)/m]

I, = characteristic acoustic impedance of the unknown
material (r oc), [rayls or (Pa: s)/m]

r o = equilibrium (ambient) density [kg/m’]

¢ = the phase speed (speed of sound, 343 m/sin air) [m/g]
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a ABSORPTION COEFFICIENT

The absorption coefficient can be measured in an
impedance tube by placing a sample at the end of the
tube, directing an acoustic wave onto it and measuring
the standing wave ratio.

a=" _q. SMR-1
W SWR+1

An alternative method is to place a sample in a reverberation
room and measuring the effect on the reverberation time for
the room. Difficulties with this method include variations
encountered due to the location of the sample in the room
and the presence of standing waves at various frequencies.

,016Veel 10
S

S

8 = 8

W, = power incident on a surface [W]

W, = power absorbed by ? [W]

W, =W, - W, = power in the reflected sound [W]

as = absorption coefficient of the sample [no unitg)

8y = absorption coefficient of the empty room [no units]
V = volume of the room [m’]

S = surface area of the sample [no unitg]

T, = reverberation time with the same in place [

To = reverberation time in the empty room [s]

TRANSMISSION THROUGH PARTITIONS

a Absorption Coefficient, Selected Materials [no units]

TL TRANSMISSION LOSS THROUGH A
THIN PARTITION [dB] (13.15a)

For a planar, nonporous, homogeneous, flexible wall,
the transmission loss is dependent on the density of
the partition and the frequency of the noise.

P T =

2

. &r co

R+R =i+ esR o2
e r'e g eWr g

wr (O

TL= 20Iog:—i =20log( fr,)- 20Iog%

t

This is the Normal Incidence Mass Law. Low
frequency roll off of the transmitted wave will be 6
dB/octave. Doubling the mass of the wall will give an
additional 6 dB loss.

Loss through a thin partition in air (r oc = 415):

TL, = 20Iog:—‘ =20log( fr)- 42

t
Transmission loss as a function of power:

TL, =1OIogV—vi
W

r ¢ = surface density of the partition material [kg/m?]

r o = impedance of the medium [rayls or (Pa: s)/m] (415 for
air)

f = frequency [HZ]

P; = peak acoustic pressure, incident [Pa]

P, = peak acoustic pressure, reflected [Pa]

P, = peak acoustic pressure, transmitted [Pa]

l; = intensity of the incident wave [W/m?]

I, = intensity of the transmitted wave [W/m?]

W, = power of the incident wave [W/m?]

W, = power of the transmitted wave [W/m?]

250 Hz 1 kHz 4 kHz
acoustic tile suspended ceiling 0.50 0.75 0.60
brick 0.03 0.04 0.07
carpet 0.06 0.35 0.65
concrete 0.01 0.02 0.02
concrete block, painted 0.05 0.07 0.08
fiberglass, 1" on rigid backing 0.25 0.75 0.65
glass, heavy plate 0.06 0.03 0.02
glass, windowpane 0.25 0.12 0.04
gypsum, ¥2" on studs 0.10 0.04 0.09
floor, wooden 0.11 0.07 0.07
floor, linoleum on concrete 0.03 0.03 0.02
floor, terrazzo 0.01 0.02 0.02
upholstered seats 0.35 0.65 0.60
wood paneling, 3/8-1/2" 0.25 0.17 0.10

rs SURFACE DENSITY [kg/m?]

The surface density affects the transmission loss
through a material and is related to the material
density.

re=ryh

r o = density of the material [kg/m?]
h = thickness of the material [m]
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TL TRANSMISSION LOSS IN
COMPOSITE WALLS AT NORMAL
INCIDENCE [dB]

For walls constructed of multiple materials, e.g. a brick
wall having windows, the transmission loss is the sum
of the transmission losses in the different materials.

1
TL, =10|Og_|_:, where T :éé_ TS,

for a wall in air: T=

S = area of the i element [m?]

T; = T, for of the i element (transmission intensity
coefficient [no units]

r = surface density [kg/m?

TRANSMISSION AT OBLIQUE
INCIDENCE [dB]

Waves striking a wall at an angle see less impedance
than waves at normal incidence.

N
Pl
L\q_

BN ¢ 0
1+ C C0S(Q -

e2r o€ 2
T, = transmission intensity coefficient [no units]
g = angle of incidence [radians]
I o¢ = impedance of the medium [rayls or (Pa: s)/m] (415 for

air)

r s = surface density [kg/m?]

DIFFUSE FIELD MASS LAW [dB]

In a diffuse field, sound is incident by definition at all
angles with equal probability. Averaging yields an
increase in sound transmission of 5 dB over waves of
normal incidence.

TLdiffuse = TLO -3

Loss through a thin partition in air (r oc = 415):

Tl = 20l0g( fr ) - 47

COINCIDENCE EFFECT (13.15a)

When a plane wave strikes a thin partition at an angle,
there are alternating high and low pressure zones
along the partition that cause it to flex sinusoidally.
This flexural wave propagates along the surface of
the wall. At some frequency, there is a kind of
resonance and the wall becomes transparent to the
wave. This causes a marked decrease in the
transmission loss over what is expected from the
mass law; it can be 10-15 dB.

Coincidence occurs
when |, =1,.

The wave equation
for a thin plate:

4 2
X 12 %
! 2T 55 ﬂ_zzo
y" hic, Tt

Particle displacement: x(y,t):e' ¥IS)
: . / p
Dispersion: Cp(f)= Thcb“f [m/s]
3
I
Trace wavelength: |, =—— [m]
sinqg
C
Flexural wavelength: | p:Tp [m]
c?
Coincidence frequency: 1:C :W [HZ]

TL Mass law
6 dB/octave
(dB) slope

10-15dB

f log f
Design considerations: If f < f,, use the diffuse field mass

law to find the transmission loss. If f > f,, redesign to avoid.
Note that f; is proportional to the inverse of the thickness.

X = transverse particle displacement [m]

h = panel thickness [m]

Coar = bar speed for the panel material [m/s]
t = time [S]

g = angle of incidence [radians]
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DOUBLE WALLS

Masses in series look like series electrical
connections. We want to determine the motion of the
second wall due to sound incident on the first.

Assume that d << | and let:

M =T g mass per unit area of i" wall

r.,c
S= @ =% siffness per unit area of air

d

f1 = Pp + P, force per unit area on wall 1

N N
s fo1
, o |
L L,
X1 X2
d
Y i
From Newton's Law F=ma:
Mass 1: f, - S(Xl- x2)=m><1
Mass 2: S(Xl- X2) =mX,
Let f,=Fe™, x =X, (w)e"
A X b
és- mw -s  uéX,u_éRu
é Uéy, u=—éni
& -s s-mwgeX.q &0
Apply C 's rul -5
ramer's rule, P =
pply D
where D=det A and
D =det A with b inthei™ column
The wall impedance is
FD_D _.é mm, 50
=1 - =-_— = + W- —=2WwW* >
u jwD, jws ngi m) s H

€ rafsd LU
® Zw:J_é,(rs1+rsz)W' 2 W3LAJ
e reC a

Resonance occurs at Zy=0:

1 [rc®1 10

° 2p d &g rszg

DOUBLE WALL result

At low frequencies f <fj
Both walls move together (in phase) like one wall of twice
the mass. So the mass law is recovered.

Zw = jW(r atrl sz)

TL =20l ogM = 6dB/octave
2rc

At high frequencies f>f,
Double walls are most effective.

ZW:-jV\FrSlrSZZd
roC

W (r o r
TL =20l 09% =18dB/octave
2rgc
At very high frequencies f <<f
The walls decouple. The transmission loss is the sum of
the losses of the two walls; there is no interaction.

TL =TL, +TL, =12dB/octave
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MUFFLERS

EXPANSION CHAMBER

When sound traveling through a pipe encounters a
section with a different cross-sectional area, it sees a
new impedance and some sound is reflected. The
dimensions can be chosen to optimize the
transmission loss through the exit at particular
frequencies. We assume d<1.

Srember [ fiow
[ p -
g > 4 p+ > =R
pipe
0 | X
Let p, =P y =P
r,C
P = I:)rej(WHkX) u =- B
r,C
ps = P+ej(Wt_kX) u, = P.
r.C
p. =pel™* u =- -
roC
P = Rej(Wt- <) U = B
r.C
R - E T e 5 a= ﬂ b e E
P R "R TR

p;: = acoustic pressure, incident wave [Pa]

p: = acoustic pressure, reflected wave [Pa]

p. = pressure, expan. chamber forward-traveling wave [Pa]

p. = pressure, expan. chamber reverse-traveling wave [Pa]

p; = acoustic pressure, transmitted wave [Pa]

P; = peak acoustic pressure, incident [Pa]

P, = peak acoustic pressure, reflected [Pa]

P. = peak acoustic pressure, expansion chamber forward-
traveling wave [Pa]

P. = peak acoustic pressure, expansion chamber reverse-
traveling wave [Pa]

P, = peak acoustic pressure, transmitted [Pa]

r o = impedance of the medium [rayls or (Pa: s)/m] (415 for
air)

R = reflection coefficient [no units]

T = transmission coefficient [no units]

a = expansion exit transmission coefficient [no units]

b = expansion exit reflection coefficient [no units]

S, = cross-sectional area of the pipe [m?]

S = cross-sectional area of the expansion chamber [mz]

Next, apply the boundary conditions:

EXPANSION CHAMBER BOUNDARY
CONDITIONS
Boundary condition 1: atx=0,
p+p=p.+p ® R+R=P+P ®
RyE_PLP & 14r=a+b 0
P PR PR P

Boundary condition 2; atx=0,

Volume velocity isequal
across the boundary.

Conservation of mass
by equating volume
velocities. The volume
velocity is the cross- Area
sectional area times the ’ S
net velocity. See p8.

Area §,
S,(u+u)=8(u+u)® S, (R-R)=S(R-P)
el BE_S%. P 9% 1-R=m(a-b) ()
P P S Py
(i) + (ii): _(_1_; h_{)_é_;(_i"ﬂ)_timé_ [Eqn. 1]

Boundary condition 3: atx=1,
p+p=p ® Pe’+Pe'=Re™ ®

———————————————————————————

‘ae ¥ +bel =Te ™| [Eqn. 2]

ae - pe =1Te M [Eqn. 3]

= the ratio of the cross-sectional area of the expansion
chamber to the cross-sectional area of the pipe.

Next, solve the three equations:
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EXPANSION CHAMBER, FINAL STEPS

Solve the three equations:

quem) (1-m) 0 by e

ge—jkl etk _g i Hé gzé 3

g o ik _gtik ig jki HéTH €0
DT e

Cramer'sRule: T =— = - -
D coskl +ji(m+1)sink

TL :1OIogi :10Iogi

T T

Transmission loss in an expansion chamber:

TL =10log §1+4(m- 1)*sin? K u

m

TL Design point

0 p 2p ki

HELMHOLTZ RESONATOR (10.8)

A Helmholtz resonator is a vessel having a large
volume with a relatively small neck. The gas in the
neck looks like a lumped mass and the gas in the
volume looks like a spring at low frequency.

_ r,C°A°
Stiffness due to a gas volume: S= Y [N/m]
Mass of the gas in neck: M=T O| A [kg]

Some gas spills out of the neck, so the neck

mass plug is actually slightly longer than
the neck. In practice, the effective length

is:
1¢» | +0.8VA
\F \F c [A
Resonance: W, —_ = —
2p m 2p\Ie/

FLOW EFFECTS

Muffler performance is affected by flow rate, but the

preceding calculations are valid for flows up to 35 m/s.

TEMPERATURE EFFECTS

The effect of having high temperature gases in a
muffler causes the speed of sound to increase, so |
becomes larger.

_ 343 |[T+273

f 293

| =wavelength [m]
f = frequency [HZ]
T = temperature [°C]
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SIDEBRANCH RESONATOR

Refer to the Helmholtz resonator above.

Helmholtz V =Volume
resonator
pipe A=Area ﬂggvsv
n — —
S
R —++—=>R

The effect here is similar to the effect of blowing across the

top of a coke bottle. The air across the bottle creates noise
at many frequencies but the coke bottle responds only to its
resonant frequency.

é 2 )
& ¢PhY 24
TL»10|oggL+ngCf —H
~ _ . _0=7
g %fo f 54

For a duct of impedance r oc with a Helmholtz resonator
having stiffness sand neck mass m, the arrangement can be
modeled as follows.

—
% - U
J
b+p %roc o}
S
T
O
> w® 0, Z® rqC
’ (s- \/\Fm)roc
> WR ¥, Z® rqC zZ= W2 :
- +
> W® +/s/m, z® 0 S M JWr €

TL = transmission loss [dB]

f = frequency [HZ]

fo = resonant frequency of Helmholtz resonator [HZ]
V = resonator volume [m?]

S = stiffness [m3]

é”(t) ROOM ENERGY DENSITY [J/m3]
(12.2)
Sound growth: The following expression describes

the effect of sound energy filling a room as a source is
turned on at t=0.

#()= 52 (1)

The following is the differential equation that describes
the growth of sound energy in a live room.

d& Ac
v 4 e -y
therate at which  theraeat which of the
energy incresses  eneray isabsorbed  input
in the volume by the surfaces source

This can be rewritten to include the time constant.

tdg—l-é”:‘lvvo, where t :ﬂ
dt Ac Ac

Sound decay: The following expression describes
the effect of sound dissipation as a source is turned
off at t=0.

g(t) — g)e-t/t

Wy = power of the sound source [W]

A = sound absorption, in units of metric sabin or English
sabin [m? or ft7]

t=time [9]

t =time constant [9]

&, = initial energy density [Jm’]

¢ = the speed of sound (343 m/sin air) [m/s]

ROOM ACOUSTICS

& ENERGY DENSITY [Jm? (5.8)

The amount of sound energy (potential and kinetic)
per unit volume. In a perfectly diffuse field, £ does not
depend on location.
2 2
g - prms - P
rc 2r,c

Prms = acoustic pressure, rms [Pa]

P = peak acoustic pressure or pressure magnitude [Pa]

r o = impedance of the medium [rayls or (Pa- s)/m] (415 for
air)

& AVERAGE ENERGY DENSITY [Jm’]
(12.2)

~ 1
£ == av
vO

& = energy density [Jm?]
V = room volume [m® or ft¥]
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A ABSORPTION [m?orft?] (12.1)

The absorption or absorption area may have units of
metric sabins or English sabins, named for Wallace
Sabine (1868-1919). The absorption area can be
thought of as the equivalent area to be cut out of a
wall in order to produce the same effect as an object
of absorption A. See also ABSORPTION
COEFFICIENT p21.

]

A=aS=3 A

where a:éé as. A :aiﬁ

a = average absorption coefficient [no units)

S= total surface area [m? or ft?]

A = sound absorption of a particular material in the room
[m? or ft7]

a; = absorption coefficient of a particular material [Nno units]

S = area represented by a particular material [No units]

Wys POWER ABSORBED [W] (12.2)

_ _ 1
Wabs - _Vvincident where g = gé. a1S

Wincigent = power incident on the surface [W]

a = average absorption coefficient [no units]

S= total surface area [m? or ft?]

A = sound absorption of a particular material in the room
[m? or ft7]

a, = absorption coefficient of a particular material [no units]

S = area represented by a particular material [no units]

ad AVERAGE ABSORPTION [m?or ft]

(12.3)

The average sound absorption over an area.
__1o W, A
a=— LS, a= s —

S a al S Vvincident S

A = total absorption area [m? or ft]

S= total surface area [m? or ft?]

a; = absorption coefficient of a particular material [No units]
S = area represented by a particular material [No units]
W_s = power absorbed by the surfaces [W]

Wincigent = power incident on the surfaces [W]

Wincigent INCIDENT POWER [W] (12.2)

The total power incident on the walls of a room.

W :13:%‘

incident
4

= total surface area [m? or ft7]
= the speed of sound (343 n/sin air) [m/s]

& = average energy density [Jm?]

MEASURING ABSORPTION [m? or ft]]

The absorption of a sample can be measured by
placing the sample in a reverberation chamber and
measuring the effect it has on reverberation time. The
absorption value for a person @ 1kHz is about

0.95 m?, for a piece of furniture about 0.08 m. See
also ABSORPTION COEFFICIENT p21.

el 160

T Tog

S

A, = sound absorption of the sample [m? or ft?]

V = volume of the room [m’]

T, = reverberation time with the sample in place [S]
To = reverberation time in the empty room [s]
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Teo REVERBERATION TIME [g] (12.3)

The time required for a sound to decay by 60 dB, i.e.
to one millionth of its previous value. Sound decay is
linear when viewed on a log scale.

SPL
(8]
}GOdB
t=0 T t
-60:%1OIoge b T=13816t, t=2V
ac

Sabin formula:

0.161VvV _ 0.049v _
T =——— (metric, T =————— (English)
A A

Including air absorption (for & £ 0.2):
_ 0.161v

A+4mV

(metric)

More accurate, Eyring-Norris reverberation formula:

_ 0161V
4mV - SIn(1- a)

t =time constant [

V = room volume [m® or ft¥]

A = sound absorption, in units of metric sabin or English
sabin [m? or ft7]

a = average absorption coefficient [no units]

m = air absorption coefficient [no units]

S= total surface area [m? or ft?]

(metric)

N(f) MODAL DENSITY [HzY] (9.2)

The number of modes (resonant frequencies) per unit
hertz. The modal density increases with frequency
until it becomes a diffuse field. In a diffuse field, the
modal structure is obscured and the sound field
seems isotropic, i.e. the SPL is equal everywhere.

Rectangular room: N ( f ) » —pr 2
f = frequency [HZ]

V = room volume [m”]
= the speed of sound (343 m/sin air) [m/g]

m AIR ABSORPTION COEFFICIENT,
ARCHITECTURAL [nounits] (12.3)

l=l,eg™=1,e™ m=2a

For most architectural applications, the air absorption
coefficient can be approximated as:

m=5.5"10"(50/h)( f /2000)"’

| = acoustic intensity [W/m?]
Io = initial acoustic intensity [W/m?]
h = relative humidity (limited to the range 20 to 70%) [%0]
f = frequency (limited to the range 1.5 to 10 kHz) [HZ]
= the speed of sound (343 m/sin air) [m/s]
a = air absorption coefficient due to combined factors [no
units]

(p,a,ry) MODES, rectangular cavity (9.1)

The modes of a volume are the frequencies at which
resonances occur, and are a function of the room
dimensions. For example, the lowest mode will be the
frequency for which the longest dimension equals

%4 -wavelength and is represented by (1,0,0).

{(par)= 2O 20 = S

p, g, and r form the mode numbers. They are integers
representing the number of half-wavelengths in the length,
width, and height respectively. To avoid having more than
one mode at the same frequency, the ratio of any two room
dimensions should not be a whole number. Some
recommended room dimension ratios are 1.6:1.25:1.0 for
small rooms and 2.4:1.5:1.0 or 3.2:1.3:1.0 for large rooms.

f = frequency [HZ]
= the speed of sound (343 m/sin air) [m/g]
L, W, H = room length, width, and height respectively [m]

Ly MEAN FREE PATH [m]

The average distance between reflections in a
rectangular room. This works out to 2L /3 for a cubic
room and 2d/3 for a sphere.

V = room volume [m® or ft¥]
S= total surface area [m? or ft?]

n NUMBER OF REFLECTIONS [no units]

The number of acoustic reflections in a room in time t.

ho ot _ds
Ly, 4V
= the speed of sound (343 n/sin air) [m/s]

t=time [9]

Ly = mean free path [m]

V = room volume [m® or ft¥]

S= total surface area [m? or ft?]
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R ROOM CONSTANT [m?]
Note that R= A when & is very small.

A = sound absorption, in units of metric sabin or English
sabin [m? or ft7]

a = average absorption coefficient [no units]

S= total surface area [m? or ft?]

SPL SOUND POWER LEVEL [dB]
Source: SPL =L, :10|Ogvvﬂ

ref

23] 406 & ,cW, 0
SPL=L, +10|ogg4|§2r2 +EB +10Iogg°—29f;
ref
In mks units, thisis 10 log 1.04,
which is small enough to be ignored.
48
SPL =L, +10log= 2+ 40
&4pr’ Rp

L., = sound power level of the source [dB]

W = sound power level of the source [W]

Wi = reference power level, 102 [W]

Q = quality factor [no units]

r = distance from the source to the observation point [m]
R = room constant [m?]

P« = the reference pressure 20x107° in air, 1x10° in water

(Pal

DIRECT FIELD

The direct field is that part of a room in which the
dominant sound comes directly (unreflected) from the
source.

N\ Direct field
SPL N\ (slope is 6 dB per
[dB] \\\duubllng of distance)
\\\ Reverberant
N field
SPL ey e
rd \\\\ I og r

_1_Q

N W 3
Energy density (direct): &;, = —=———= [Jm’]
c

| = acoustic intensity [W/m?]

¢ = the speed of sound (343 m/sin air) [m/s]

Q = quality factor (Q=1 when source is remote from all
surfaces) [No units]

W = sound power level of the source [W]

r = distance from the source to the observation point [M]

rq REVERBERATION RADIUS [m]

The distance from the source at which the SPL due to
the source falls to the level of the reverberant field.

R
" \iep

Q = quality factor (Q=1 when source is remote from all
surfaces) [No units]
R = room constant [m?]

Q QUALITY FACTOR [no unitg]

A factor that is dependent on the location of a source
relative to reflective surfaces. The source strength or
amplitude of volume velocity.

Q=1 The source is located away from surfaces.
Q=2 The source is located on a hard surface.
Q=4 The source is located in a 2-way corner.

r = distance from the source to the observation point [m)]
R = room constant [m?]
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REVERBERANT FIELD

The area in a room that is remote enough from the
sound source that movement within the field does not
cause appreciable change in sound level. The area of
the room not in the direct field.

N\ Direct field
SPL N\ (slope is 6 dB per
[dB] AN doubling of distance)
N Reverberant
> field
SPL ey b
L logr

Sound power level: SPL,,, =L, +6- 10log R [dB]

Energy density (reverberant): &, = % = % [Im?]
C C

SPL e, = sound power level in the reverberant field [m]

r = distance from the source to the observation point [m)]

rq = distance from the source to the reverberant field
boundary [m]

L., = sound power level of the source [dB]

R = room constant [m?]

W,e, = reverberant sound power level of the room [W]

W = sound power level of the source [W]

NR NOISE REDUCTION [dB] (13.13)

The noise reduction from one room to an adjoining room is
the difference between the sound power levels in the two
rooms. The value is used in the measurement of
transmission loss for various partition materials and
construction.

NR =SPL, - SPL,

For measuring transmission loss:
TL=NR +1OIog%, provided R, = A,

S, = surface area of the wall [m?]

R, = room constant of the receiving room [m?]

A, = sound absorption or absorption area of the receiving
room [m?]

COCKTAIL PARTY EFFECT

Consider a room of a given volume V and reverberation time
T, and assume a fixed distance d among speakers and
listeners in M small conversational groups. In each group,
only one person is speaking at a time. There is a theoretical
maximum number of groups that can exist before the onset
of instability and loss of intelligibility. That is, as more
conversations are added, one must speak louder in order to
be heard. But with everyone speaking louder, the
background noise increases, hence the instability.

Oo o ©O
Op B o)
Ji o
O ~d 0o o
A/OT @]
Energy density at B due to speaker A:
&= Wae 1 N 49
c &4pd> Ry

Reverberant energy density due to other M-1
conversations:

fw=(m-) 2
Rc
Signal to noise ratio:
&
sNR=t=_1 @R 0
&, M-1&16pd> 5

Notice that the power W drops out of the equation.
Now if we require that this signal to noise ratio be some
minimum required in order for the listener to be able to
understand the speaker, the expression can be written:

M<l+_t &R .0

7 t1s
SNR,, &16pd’ g
Assume R=A sothat T =0.161V/A=0.161V /R, then

we can rewrite the expression in terms of the room volume V
and the reverberation constant T.

M <1+ 1 &2 V
SNR . &312d°T

If we further assume that to the listener, the speaker must
be as loud as the background noise, then the maximum
number of speakers (conversations) in the room is

M e =2+ L2
312d°T

W = power output of a speaker [W]

M = the number of speakers (or groups)

R = room constant [m?]

d = distance between speakers in the same group [m]

& = energy density [J/m”]

+ 12 [mks units]
(%]

min
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THERMOACOUSTIC CYCLE

Consider a small volume of air in acoustic oscillation
at to and ambient pressure p,. As it moves toward the
source, pressure and temperature increase while
volume decreases. The volume of air slows and
reverses direction at t; and transfers heat to the metal
plate. As the volume of air moves away from the
source, pressure and temperature decrease. As the
volume reaches t3, it slows and again reverses
direction. The cooler volume absorbs heat from the
metal plate. This action takes place all along the
length of the metal plate, forming a bucket brigade of
heat transfer.

Displacement A

X A

Pressure

t
- :

Metal plate L 1

tl < Xo
)) Source

Metal plate L 1

t, ‘
- :

Metal plate L |

t ~— X —
| i w

Metal plate L 1

THERMOACOUSTIC ENGINE

A transducer in one end of a half-wavelength chamber
creates a high power standing wave. Thin metal
plates are positioned ¥ of the way from one end so
that velocity, displacement and pressure amplitudes
will all be high.

Thermoacoustic Engine

Transducer 2
AN

Velocity

Ul @0—»

Displacement
X T TN

!
!
Pressure |
il

pl O\\/— _

L
8 4 8 2
p = Acoskxsinwt, k:L, w:E
[ /2 [/
=-Asinkxcosvvt
r.C
X=- sinkxcoswt
wr ,C
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THERMOACOUSTIC GRADIENT

The oscillatory motion and oscillatory temperature of
gas particles along the metal plates establishes a
temperature gradient along the plates. The parallel
stacking of plates increases the power of the engine
but does not affect the gradient.

Maximum temperature gradient: Also called critical
gradient. This is the maximum temperature gradient
achievable along the metal plates of the acoustic
engine. When this temperature gradient is reached,
no work is being done.

dT
dx
g = ratio of specific heats (1.4 for a diatomic gas) [no units]

To = ambient temperature [K]
k = wave number or propagation constant [rad./m]

- (g' 1)kTo

critical

G GRADIENT RATIO

The ratio of the operating temperature gradient to the
critical gradient.

_ [dT/dX
dT /dx

critical

G> 1. Thermoacoustic heat engine
Heat flow generates sound (does work)

Qu

+
D" N

O <]

C

G< 1. Thermoacoustic refrigerator

Acoustic energy pumps heat from cold end to hot
end of stack

O

oW

o™
O
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GENERAL MATHEMATICAL

X+jy COMPLEX NUMBERS
% an

YT A

|

0 )l( G
X+ jy = A€% = Acosq+ jAsing
F{ x+ jy} = x= Acosq

A x+jy} =y=Asing
Magnitude{ x + jy} = A=/} +y?

Phase{ x + jy} =q = tant Y
X
b
|=¢€
The magnitude of a complex number may be written as the
absolute value.

Magnitude{ x + jy} =|x + jy|

The square of the magnitude of a complex number is the

product of the complex number and its complex conjugate.

The complex conjugate is the expression formed by
reversing the signs of the imaginary terms.

[+ iy = (x+ jy) (x+ jy)* = (x+ jy) (x- jy)

PHASOR NOTATION

When the excitation is sinusoidal and under steady-
state conditions, we can express a partial derivative in

phasor notation, by replacing T with jw. For

it
example, the Telegrapher's equation 7 _. LK
9z qt
becomes ﬂ =-Ljwl - Note that 7/‘(2,'[) and

9z
f(z,t) are functions of position and time (space-time

functions) and Vv (z) and | (z) are functions of position
only.

Sine and cosine functions are converted to
exponentials in the phasor domain.

Example:
& (r,t) = 2cos(wt +3z) X+ 4sin(wt +32z) y
= {267 "%+ (- ) 40" 9}
E(r)=2e%x%- j4e™y

TIME-AVERAGE

When two functions are multiplied, they cannot be
converted to the phasor domain and multiplied.
Instead, we convert each function to the phasor
domain and multiply one by the complex conjugate of
the other and divide the result by two. The complex
conjugate is the expression formed by reversing the
signs of the imaginary terms.

For example, the function for power is:
P(t)=v(t)i(t) wats

Time-averaged power is:

<P(t)> = % QTV(t)i (t) dt watts
For a single frequency:
(P(1)) =524V 1} vats

T = period [g]

V = voltage in the phasor domain [9]
I* = complex conjugate of the phasor domain current [A]
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RMS SERIES

rms stands for root mean square. JI+x = l+£ X |X| <1
=1+5x,

root mean square 2
f(t) = < f (t) > 1 x  3x* 5x* 35x* . .
e = ms =]-—+—- —+ - ey = 3<X<3
apZn 1+x 2 8 16 128
The plot below shows a sine wave and its rms value, along 1 _ 2 A 6
with the intermediate steps of squaring the sine function and 1- x2 =1EXT XX 3<X<3
taking the mean value of the square. Notice that for this 1
type of function, the mean value of the square is % the peak _ 2 3, ...
value of the square. - X)2_1+2x+3x A+, S lax<d
Taking the rms Value of a Sine Wave
1 | ; 1 =1- X+X*- x>+, 1<x<i
Y E— ///r\\ ,,,,,,,,, (s ®) \\ - 1+ X 2 2
o6 f/ N\ N 1
y V4 -\ AR AN

s NN T el 1—=1+x+x2+x3+---, -3<x<3
- f - X
O R TR RER
X /

0.4 sing

N\ /“) BINOMIAL THEOREM

08 Also called binomial expansion. When mis a positive

‘ ‘ integer, this is a finite series of m+1 terms. When mis

o
N
w
ES
33
o
~

N not a positive integer, the series converges for -1<x<1.
ime

U

(1+x)" oMM o m(m- 2)(m- 2)-(m-n+1)
21

EULER'S EQUATION : n!

e’ =cosf + jsinf

BESSEL FUNCTION EXPANSION

27 37
+ +..., zx1

z
X = -——+-
TRIGONOMETRIC IDENTITIES Y5 o2 o42@2

+

e9+e 9 =2cosq

el- e’ =j2sinq HYPERBOLIC FUNCTIONS

e''" =cosq+ jsing jsing=sinh(ja)

j cosq=cosh( jq)

CALCULUS . .
NP jtang=tanh(jq)
ggn“udu=3u- zsin2u+C
(‘j:oszudu =%u+%sin2u+C LINEARIZING AN EQUATION

Small nonlinear terms are removed. Nonlinear terms
include:

- variables raised to a power
- variables multiplied by other variables

Dvalues are considered variables, e.g. Dt.
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DOT PRODUCT

The dot product is a scalar value.
A+B=(RA +JA, +2A,)- (B, +9B, +2B,)= AB, + AB, + AB,

A *B =|A||B|coSY g B
%9 =0, Rex=1 y A
By =(%B, +9B, +2B,)*y = B, | |

Projection of B
along &

(B-a)a

+AB

B x
|

|

|

y

Yo

\

|

|

|

|

|
e
The dot product of 90° vectors is zero.

The dot product is commutative and distributive:

A*B=BsA A+(B+C)=A+*B+A-C

CROSS PRODUCT
A" B=(xA +yA +3A) (%8, +§B, +B,)
=x(AB,- AB,)+9(AB, - AB,)+3(AB,- AB,)

A" B=AA|[B|siny ,g AxB
where N is the unit vector normal to both A f
and B (thumb of right-hand rule).
B"A=-A"B 2 y
X'y=z y x=-z x x=0

f z=r f'r=-z

The cross product is distributive:
A" (B+C)=A"B+A" C
Also, we have:

A" (B"C)=(AxC)B- (AB)C

N NABLA, DEL OR GRAD OPERATOR

Compare the N operation to taking the time derivative.
Where 1/t means to take the derivative with respect

to time and introduces a s* com

the result, the N operation means to take the
derivative with respect to distance (in 3 dimensions)
and introduces a m™* component to the units of the
result. N terms may be called space derivatives and
an equation which contains the N operator may be

called a vector differential equat
NA is how fast A changes as yo
space.

ponent to the units of

ion. In other words
u move through

in rect_angulf';lr NA=>‘<ﬂ—A+§/%+2ﬂi‘

coordinates: x "My 1z

in cylindrical . _JJA ~19A TA

coordinates: NA = rﬁ*’ Fﬂ_f+ =

in spherical <. _JJA ~19A -~ 1 A

coordinates: NA=F—+q——+f ——

qr r 19 rsing f

N? THE LAPLACIAN

The divergence of a gradient

Laplacian of a scalar in RZA = ﬂ2A+ A T°A

rectangular coordinates: B ™ Iy 17

Laplacian of a

2 2 2
vector in rectan- N2A= )‘(ﬂ A +9ﬂ A +2ﬂ A

gular coordinates:
In spherical and
cylindrical
coordinates:

N2A o N

= grad(div A)- curl(curl A)

ﬂXZ ﬂyZ 1'[22
N-A)- NN A

Nx DIVERGENCE

The del operator followed by the dot product operator
is read as "the divergence of" and is an operation
performed on a vector. In rectangular coordinates, Nx
means the sum of the partial derivatives of the
magnitudes in the x, y, and z directions with respect to
the x, y, and z variables. The result is a scalar, and a
factor of m™ is contributed to the units of the result.

For example, in this form of Gauss' law, where D is a
density per unit area, N>D becomes a density per unit

volume.
~ D
divD:NxD:ﬂDX+ﬂ v ID. _,
ix My 1z
D = electric flux density vector D = eE [C/m?]

r = source charge density [C/m’]

Tom Penick tom@tomzap.com www.teicontrols.com/notes EngineeringAcoustics.pdf

11/4/2002 Page 35 of 36



CURL curlB=N"B

The circulation around an enclosed area. The curl of
vector B is

in rectangular coordinates:
cul B=N"B=
AaaTB 1B 0 ~ B, ‘ﬂBo AadE_‘HBO
s i e S s
in cylindrical coordinates:
cul B=N"B=

;L. ﬂBfquA ¢18, 98,0, ,167(rB ) ¢B,U

— +2= e—-—'
o Tz8 89z wr d rg Tr fa
in spherical coordinates:
. é1(B sin u
cul B=N"B=r 1 éﬂ(Bf CI)_‘IT_BQM
rsingg Tq ﬂfg
i ¢1 1 A(r )ﬂ £1€1(rB,) 1B U
rgsng T fr g ré T Tag
The divergence of a curl is always zero:
N(N" H)=0

SPHERE

Area=pd® =4pr? Volume=1pd®=4pr®

GRAPHING TERMINOLOGY
With x being the horizontal axis and y the vertical, we have
a graph of y versus x or y as a function of x. The x-axis
represents the independent variable and the y-axis
represents the dependent variable, so that when a graph
is used to illustrate data, the data of regular interval (often
this is time) is plotted on the x-axis and the corresponding
data is dependent on those values and is plotted on the y-
axis.

GLOSSARY

adiabatic Occurring without loss or gain or heat.
anechoic room Highly absorptive room. a» 1.

enthalpy (H) A thermodynamic property. The sum of the
internal energy U and the volume-pressure product PV. If a
body is heated without changing its volume or pressure, then
the change in enthalpy will equal the heat transfer. Units of
kJ. Enthalpy also refers to the more commonly used specific
enthalpy or enthalpy per unit mass h, which has units of
kJKkg.

entropy A measure of the unavailable energy in a closed
thermodynamic system, varies in direct proportion to
temperature change of the system. The thermal charge.

harmonic wave A waveform that is sinusoidal in time.

isentropic Having constant entropy, no change in thermal
charge. However there could be heat flow in and out,
analogous to current flow.

isothermal Having constant temperature, no heat flow to/from
the surroundings. Analogous to voltage.

pink noise Noise composed of all audible frequencies with a
3 dB per octave attenuation with frequency increase. The
attenuation is based on a per Hz value; the SPLs for each
octave are equal.

reverberation room Characterized by long decay time.
<< 1, large T,..

TDS time delay spectrometry. A sophisticated method for
obtaining anechoic results in echoic spaces.

white noise Noise composed of all audible frequencies at
equal amplitude per Hz.

For a more comprehensive glossary, see the file
DictionaryOfAcousticTerms.PDF.
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